Let fwi; pig be a contractive IFS with probabilities. We provide a simple proof that for almost every address sequence and for all x the limit limn 1=n
w 1 (x) exists and is equal to R X f(z) d (z) where is the invariant measure of the IFS. This is the so called \ergodic property" for the IFS and was proved by Elton in 3] . However, the uniqueness of the invariant measure was not previously exploited. This provides considerable simpli cation to the proof.
Let X be a compact metric space and fw i g L i=1 a collection of L contraction maps on X. Let fp i g be a collection of L probabilities (i.e. We will need the projections n : ! n de ned by n ( ) = ( n ; n?1 ; : : :; 1 ). We will denote n ( ) by n .
For n 2 n we denote by p n the product p n p n?1 p 1 . Furthermore, we denote by w n the composition w n w n?1 w 1 :
The following theorem was proved by Elton in 3]. We provide a simpli ed proof of this result. Proof: Let f a continuous function on X and x be a xed element of X.
We wish to show that 1=n
converges. Let -lim be a Banach Limit on l 1 (IN) (see 2], p. 82 for a nice discussion of Banach Limits). Recall that a Banach Limit is a \generalized limit" in the sense that it is a bounded linear functional on l 1 which does not depend on the rst terms of the sequence in l 1 . We will show that any two Banach limits will give the same value for P almost every 2 so that the limit exists almost everywhere. Now f 7 ! -lim n 1=n P i n f (w i (x)) is a bounded linear functional on C(X). Thus, by the Riesz Representation Theorem it corresponds to a measure on X. Since if f = 1, we get the limit equals to 1, we know that this measure is a probability measure.
We show that = for P almost all . This will show that for almost all the limit exists and is what we wish it to be.
First, notice that -lim n 1=n P i n f (w i (x)) is constant for P almost all . This is because it is invariant under the shift map on and the shift map on is well known to be ergodic.
To show that = it su ces to show that
